
9/11/08 COT 5407 1

Animation Demos
• http://cg.scs.carleton.ca/~morin/misc/sortalg/

• http://home.westman.wave.ca/~rhenry/sort/
– Shows time complexities on best, worst and average case

• http://vision.bc.edu/~dmartin/teaching/sorting/anim-
html/quick3.html
– runs on almost sorted, reverse, random, and unique inputs; shows

code with invariants

• http://www.brian-borowski.com/Sorting/
– Shows comparisons and movements, and animations in stepwise

fashion; it allows users to input their own data

• http://maven.smith.edu/~thiebaut/java/sort/demo.html
– Shows comparisons and data movements and step by step execution.
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Examples

3n3 + 16n2 - 7n + 299

= O(n3) Why?

Because

 3n3 + 16n2 - 7n + 299 < 3n3 + 16n3 + 7n3 + 299n3

< 325n3

Thus for c = 325 and n0 = 1, the definition of big-Oh is satisfied.
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SelectionSort

O(n2) time

O(1) space

T(n) <= T(n-1) + 7n
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Solving Recurrences by Substitution

• Guess the form of the solution

• (Using mathematical induction) find the constants and show

that the solution works

Example

T(n) <= T(n-1) + 3n

Guess (#1) T(n) = O(n)

Need T(n) <= cn for some constant c>0

Assume T(n-1) <= c(n-1) Inductive hypothesis

Thus T(n) <= c(n-1) + 3n <= (c+3) n

Our guess was wrong!!
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Solving Recurrences by Substitution: 2

T(n) <= T(n-1) + 3n
Guess (#2) T(n) = O(n2)

Need T(n) <= cn2 for some constant c>0

Assume T(n-1) <= c(n-1)2 Inductive hypothesis

Thus T(n) <= c(n-1)2 + 3n = cn2 - 2cn + c + 3n

= cn2 - (2c - 3)n + c

<= cn2

Works as long as c>=2 for all n > c/(2c-3) !!

This is the correct guess. WHY?
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O(n2) time

O(1) spaceT(n) <= T(n-1) + 6n
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O(n2) time

O(1) spaceT(n) <= T(n-1) + 6n
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Sorting Algorithms

• SelectionSort

• InsertionSort

• BubbleSort

• ShakerSort

• MergeSort

• HeapSort

• QuickSort

• Bucket & Radix Sort

• Counting Sort
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Visualizing Algorithms 1

A

B

Position

Value

Unsorted Sorted
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Visualizing Algorithms 2
Position

Value

Unsorted Sorted
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Visualizing Comparisons 3
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Assumption: Array
A is sorted from
positions p to q
and also from
positions q+1 to r.
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Merge: Algorithm Invariants

• Merge (many lists)

– ??
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Figure 8.10   Quicksort

Data Structures & Problem Solving using JAVA/2E       Mark Allen Weiss      © 2002  Addison Wesley
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Data Structures & Problem Solving using JAVA/2E       Mark Allen Weiss      © 2002  Addison Wesley

Figure A  If  6 is used as pivot, the end result after partitioning is as shown in the Figure B.

Figure B  Result after Partitioning

Partition
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Page 146, CLRS

QuickSort
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Solving Recurrences by Substitution

• Guess the form of the solution

• (Using mathematical induction) find the constants and show

that the solution works

Example

T(n) = 2T(n/2) + n

Guess (#1) T(n) = O(n)

Need T(n) <= cn for some constant c>0

Assume T(n/2) <= cn/2 Inductive hypothesis

Thus T(n) <= 2cn/2 + n = (c+1) n

Our guess was wrong!!
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Solving Recurrences by Substitution: 2

T(n) = 2T(n/2) + n
Guess (#2) T(n) = O(n2)

Need T(n) <= cn2 for some constant c>0

Assume T(n/2) <= cn2/4 Inductive hypothesis

Thus T(n) <= 2cn2/4 + n = cn2/2+ n

Works for all n as long as c>=2 !!

But there is a lot of “slack”
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Solving Recurrences by Substitution: 3

T(n) = 2T(n/2) + n
Guess (#3) T(n) = O(nlogn)

Need T(n) <= cnlogn for some constant c>0

Assume T(n/2) <= c(n/2)(log(n/2)) Inductive hypothesis

Thus T(n) <= 2 c(n/2)(log(n/2)) + n

       <= cnlogn -cn + n <= cnlogn

Works for all n as long as c>=1 !!

This is the correct guess. WHY?

Show T(n) >= c’nlogn for some constant c’>0
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Solving Recurrences: Recursion-tree method

• Substitution method fails when a good guess is not available

• Recursion-tree method works in those cases

– Write down the recurrence as a tree with recursive calls as the

children

– Expand the children

– Add up each level

– Sum up the levels

• Useful for analyzing divide-and-conquer algorithms

• Also useful for generating good guesses to be used by

substitution method
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Solving Recurrences using Master Theorem

Master Theorem:

Let a,b >= 1 be constants, let f(n) be a function, and let

T(n) = aT(n/b) + f(n)
1. If f(n) = O(nlog

b
a-e) for some constant e>0, then 

T(n) = Theta(nlog
b
a)

2. If f(n) = Theta(nlog
b
a), then 

T(n) = Theta(nlog
b
a log n)

3. If f(n) = Omega(nlog
b
a+e) for some constant e>0, then 

T(n) = Theta(f(n))
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Problems to think about!

• What is the least number of comparisons you need to sort a

list of 3 elements? 4 elements? 5 elements?

• How to arrange a tennis tournament in order to find the

tournament champion with the least number of matches?

How many tennis matches are needed?


